Millian;?:; Théusand

~ | ‘TEMB:
Mnes

n | Hundreds |-
I
w‘iHMndreﬂs;‘

m
i
“I‘.

=g g e,

Tﬁ maké it easier tc read numerals far 1arge ﬁumbérs,-t,é;t
names Qf the digits,*the piaQE=vaLue name and the pérléd name S

a:g,uged;t?Te‘rgad the numeral in the table above begin with the o

iéd ‘ofi the 1efﬁ; Read the dlglt or digits in the first peria

PE_
 fas one numeral, fallowed by the name gf the- perlad, aa ﬂne

&

r

- ! A
=

7,ﬂ§':The camﬁiete nuﬁéral is read, “ane'millian,utwa hundféd?“_ ﬂ;-i




7,862,419

275,@02

l8§7%1

19,030,210

5,440,103

4,554;3Q0‘

14



a) 41.3 cng“‘ o
O e) ,3?1 524- R

o ‘_jfr'f‘Faur hundred thirty thi:!usaﬂd 3 nine hundred ninety—nine
WV f§)g »Eight millicn; three hundred five thauaand, twa hundred
i fifty—ffur ' R

‘€)  Two million, eight hundred twenty thousand, éﬁégi

':f-_S. - Write ‘the name of each numeral in Egsrg%geil; ;

“?Eraintﬁistéré.; e ey

£ ) ', . .o ‘,‘u‘,a

*:g!( write thE decimal numeral for each. of thes%.'

‘?'g);[ Twentystwc'millicn, fgur huﬁdred seven thcusand; three

"J

hundred si;tyﬁgne

{
i:

b)) ,S% ,_,e;, huncired thirtyasi;: milllcsn , Vf‘ive hundred

»ii twenty—five thauaand, two hundréd thirtéen.

‘:',Three hundred milliﬁn, farty theusand; sig

&:5; Write the 1argeat pessible nine—place decimal numeral using v

‘the digits 3, 4 and 6 just ance, and as- mgpy geras as’ B
’necesaaryr —k g st s et e T el A




) be written as '(5 x 10)

Efﬁchéé?

umerals in the chart below.‘ Place values argf

=100

tten at the tgpfaf the chart Use the chart ta help yau'ééaj\

i

¥ = (2 x 10,@00) + (3 x 1, ooo) (5 x 10@)

=
o

= (4 x1000) +4(2 x.loa),+;(8 x';@),+;(,3!g;;);J;ff j¥

—(8-%-10)~ +-(4 x-17):

— — N
(6 x 100,000) + (2 X 10, ooo) + (B x 1, ooo)
+. (7 x 100) + (3 % 10) + (9 % 1) /(

(7 x:2,,000,000) + (9 X 100,000) - .

+ (1 x 10) + (5 X 1) o ”_-Lﬁ

=4 (¥ x 10,000) + (3 x 1, ooo) + (2 % 1oo) g










BIIEE 426 315
| ke6,315

.nm

ug” tgn th@ugaﬂﬂﬁ +6 thauséﬂda + 3 hundreﬂs"+“"

4(3@,(30(3 +- ED QGQ + 5 DQD + 300 +- lb -;- 5

|
0




oA

.j_"hu_ndréds + 2 ten,ss# 5 Qneg o

j’;S thcusands + 12 hundreds + 134 tensn é

'9 tten\yhausaﬂés + 3~ tt;:usaxﬁids +. 7:3 tenﬁ ¥, 15 Qneg
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]H@mdraﬂﬂ

(Ones -
/

if&?“‘“ 1'ﬁjj?“* e : ' ' ;Z. S S N
s R = are. namés for ﬁhe same .

r&ﬁ;énal ﬁumber. Bdth names are read in the same way ‘”"SEVEﬁiff'fi

i
i

53 and the nam

ég% &6 names For the same
, f E '
Both names are read in the same Way;’:ﬂfiftyn ’

| rational rumber.




3 in the hundrédths‘ §1acé -

¥ =

“*1““"4Aréq““7 anﬁ £% names -for-the- same ﬂumberﬁu

o a} _Which name is/a decimal?

s o= =

.. b, . vhich name 1s a fuaction? e Aé;~“”

2. . dbe ff%ﬁ’ and A.53'=ﬁamés for the game number?
T a. _xWhich name 1s a declmal?

'““ WHE!E"Whigh name is a_?racﬁlan?A ' ' A : ‘;

Té. ~ Are ’;3 -and .03 names for the same ﬁumﬁer@f‘ji

Chéck yﬂur answer by writing each name as a frautlgn,;

e 'f,k_sr-Are :7 s and .70 names. for the same,numberé??’w
Cheek ycur anawer by writing each %Fme*as a fraction.. L

. : 1}

n [
=




Each Df t;he se -

;”decima 5 ma‘y be replaaéd by am:ther decimal (Far e;:ample, .




‘?:%’ ,g.é a decimal'? “Can we renamé §%— a

as the. decimal s

' E ! 2
Wa can rename ? as 10 We can ;‘ename 5
e

Also, we can rename. % as o5 S0 we can rename %—

as the decim,a,i

0




In the same way, .. L

3. tenths and 6 hundredths = %
. s % - IR

- 2 R
ST — . e e L4

: g,, \Q ‘ .. . L..":

..V . . ‘ - X 7-;»:

RA - . i

1k




i—_;;;?ﬂﬁiiréﬂthg;.ﬁ

. hundredths.

,ﬁEﬁthg;va_>".,

P | 2
B "y

‘hundredths =

N
"

3. hundredths’

hundredths:

‘hundreédths

o h@idr—edths

.




ERIC

Aruitoxt provided by Eic:




ERIC

Aruitoxt provided by Eic:

'ihéﬁﬁr dtﬁéf;

‘:tgnth,waﬂd; Vﬁhundredths

ténths-and ,;Ehundredths éﬁi :

_hundrédths

'tenths and

!.v
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nundredths nd -

. Hundredths and. 8 .tenths

: thé\xﬁléé;iﬁ_;chsf

i
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ing, by fives and not"

rite the base five.

‘Would you read this base’ five nime
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Loy B

e, thé ‘number which wil 1
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‘two-place. s

‘We.glvé tén tens the name 1 hundred

/(£ave’ £1ve
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Sa far, when we have Hritten numerals in base five, we have_-?

"'ged_the plaee—values that are shown above. Can you tell what '

he next plae%_value will -be?

Farv_ numerals we wili ‘be using right nolw,. the anly place

L

valuea we #:11 wark with are twenty-fivea, fives, snd Qnes_ Lo :

!

f‘ q\;ppaae _we_want ta_change ~111 t.o a_ base_fj.ve ntmzeral.___;

‘~fwhgt¢1§fthe';emsigder?
R e B A

: --j»}hlitg the;méthemati‘cal sentence for this division process.

i3

ny fives there aré in .11, o T

~ How many ones.remain? | g i
Writg the, mathematicaizggntence for ﬁhié diéﬂﬂiﬂﬂ.ﬁrggess : :-:1

'j Ebth mathematical sentences tagether in a mathéematical
h ';'gsentence whic:.h shows how 111 can be grauped by fives ancl

1'twentyﬁf1ves. ' o
ﬁiﬂ'
,wnat' is the ’base fiv*e numeral far 1’{1"9

Try ehanging the following base ten jmm‘érgls to base i‘ive

| 'Z:mmlérals. In each part write thé ?ﬁatﬁemtica; sentenae whieh

S Ehaws why yau;- anawer is earrect. . : o
oa) 12t b)) %6 ) W a) s |




's " into,

aréit';;gzg_W§;tefy§u§A

aibase’ten numeral, .

;

gﬁﬁefais-taﬁbasg‘teﬁi

‘Ghangé ‘the following basé five:

Snumerals,

W Mg @) Wopge ) By

'3;5}5H;Ehiéhfiéigreéﬁér?  o ' L

f_a)z*;gléf;vE ;ar 201 ©e)  3pyye OF gg.

[

b Ay O R wd) MOpyge OF 2O

31




. Tet

Suppaae we have 34 cénts.

"yajtem ai‘ maney. _

! ;

'y Exercise Set 11

Sepsraﬁ the fo‘licwing"a‘.m@unts of~ manéy ‘:mta quartérs‘ *‘—

"""_nigkels, and gentg__ Use “the smallést: number of coins. f :

Ht:w rnany E.Eé five

-Haw:'mueh :

Kﬂgtaticﬂp ¥

mﬂney? 1 pennies?

osiodisien 14 cents , : : :
’ ) cénts A l . 3 .3 > 133f1ve e

xl).i; 23 cents | | T T
oo 5 U — I D - ———— e — -
. 12 26cents | | I R T

[L3)_ 29 cents | T VN
4) "33 cents | I S

5) b2 cents | | - 1 7: B

. _”,E)v, 57 cents | I ) B
7). 73cents | A ST N
. 8) . 97 cents | SERVRY N SETR B

. " L. e . .

9y iehents | | " | ] i




-
]

e t'hi 8- chaft, :

ﬁArrange 1n -Héw mghii}'Hﬁﬁﬂmahj}‘,ﬂﬁtatiﬁn;:f:ﬂ
?sraups of | groups? | vemain? | -

. four

; o B ) 3 o
seven

B xxx XX X[ - B DA
xxxxxxx. ‘ | ;
xnxxxxx

: '.;15_6 xxx xx |
. x x , |- N B




abjects._ Separate thES% ﬂbjeets intui

into_graupf af ten. ch many ijects are. there? Writé‘i

:idecimai numeral 1nta & numeral I another base._ write

iifthat numeral in the blank as shcwn in - a)
: ’é)rﬁﬂgl o @ ‘% 16) + (1% 4) + 1)
e ; lllfaur_

w
A




rt. - Write the’

‘Exercise Set 13

jumeyal for

L

Tehe t1rss. twenty-tour

‘base slx, base three, pnd ¢

- Bage Four |

_ s - - -

S R
R ‘(o E 7:
~19.. _ QW, . E
:?élf i :f; 7?? -~
22 N - S
“23 i I )
24 ' o 177 ] ] -
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‘e Ten
G

89

"['Base ‘Ten Mumeral| Sixt;

|"E1gnts




n the exanple. . .
] "_?-i_;ands for 4 . _fives ..

';;fstanaa_fér;

hds ‘for b

3 stands for 8 i

;Eﬁ’aﬁds__‘ for

(2 % 5) +: 3.

o =10+ 3 . £) 347
‘= 13,_;. -




the wark belcw. Use the “greater than 4 "less uhaﬁ "

| ‘1?%,-,;1;«33 A

nine

'Egéight

d) gllthrée e Elfclir'

Egafive I I P

A place value systém of numératian has twent? disits;mn 2

4 T.. Count by tens in base five from 20g1ye B0 H00piyes Ll

‘8. Ave these. odd or even numbers ?

'° _1§);";l?tnr§a ' d)  1lipree

S ) Blyggrge ) 1grpee o e

7 ‘:%)?f;lolthfee: - - 1) logthreaA

EYSEN P R




'i fiver.;vﬂ

faur

4geight Eseight

x'" 130

£~;number zera, B far cneg and c far twa., ‘In this

': ﬁnum 'al Exstem saunt fram zero thraugh ten.

;”";jchéggé]gaéhlafgtné'fcilewing to decimal numeralS. - -
va) BB . ¢) ' CBA o

”'{jééifféAE‘ R VI




30=28x3X5
'-ansthat-'._ S

?;130 is ﬁhe praduat afgae and 3 and 5. g-lf

It a_laa : says that

2 is a- faatar gf 39, and 3 1s a factar cf 3(3

and 5 is a faetar of 30.;: .
A p:‘cduct- xpressian far 30 ia 2 % 3 x:§




l,\-_

a 10 e’bjéc'cs‘? g

b EQ 'abjéc—ts?
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2 product of two. f

S

or each. - -
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. & factor of 372 Wé may - -

(9}:7)"'4;63"??67;

'y 1g the rémainder when

d'ividea by 7. Tnis.shgws that .7 ;--13;11@1:,@
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‘only when"we want ta ahévaartieuiar gra

P;nggf‘
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ﬁzsingf ‘l_;hélséf factors,

*
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in aurﬁlist A have all

d whether this is trué f‘ar

*
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o find as many:w

odicts of three. facts

ERIC

Aruitoxt provided by Eic:



ERIC

Aruitoxt provided by Eic:

1 XA X1 X9,

e

K
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‘produc 1ﬁ§v

o B

’”ﬁﬁét}d§ y§ufhoﬁ1ée{a§éu the'1astjr§wAIﬁgthélfa§tgf~%féé}




[ 678." !Ifh-;s.'jﬁa"ané that”

What ‘sré they? =

- What' other factors. must

ERIC
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ee tells us that 2, 3,
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Sj‘héd é:f&ﬁﬁar‘gréatér~' :

Ls- prime, we do not,need

We . do -not even net
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UL M
di,d 41

o 1lawing numbérs as yau If tEE-

Ii‘f g qE pri*me* m‘ite prime TR _ _
. - . T
" . Example: 19 prime = ai . ar

- %, 21 composite,
. A

* 2

g, b55- ; U™ oo g

« 10. 67 R i e

11, 69 . - E

,_%‘,,

\ . le, 83 S T ¥

RS- (13 87 PO e g

- L
,_’_j% o - i *
.,,:' ' ,'»,_-; - ]X
R K v !!
R Nt -
i . " i

k - N . e




T -Efimé}b"éfét@ﬁs L

% O AR S OV |

T2x5x5. |,




‘3, ,gr 5 as"’f!'

1fr*;§¥ CEn the numbers frcm/ E to. 5D havarprime faetars whiehx 'ffz';f

Taré nat shaww én the chartﬂ Give an example ;'_there

. .#. . the pumbers 3, 5, and T? S o

&

e . . g . : - - oo
) E . . . ,t

g
&

L8

o ' R . \31

e
”

b
o

i
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NUMEEE

3FTam Qur study Df xhe Prime Faetar chart we abﬁerved!:;

fﬂj{’In the Eét éf Ecuntins numbera, [1; 2; 5: :---}? a A L

Vfaﬁnumber‘will have \$%éﬂas a factor if the units! digit in:-%u=~~ii
1,51ts numeral 15 D,' 2, F; 5 or 8.

R

s ’V f ” - :
"i; Examples“af caunting numbérs which havé a faetar_ﬁ”.?»

PRI |

of 2" are: ua, 182, 364 . 56, 218

7 A

“ 2§::In the Bet. Qf caunting numbers, a number wlll hav& 3 ‘as a.
.. factor if the sum of the digits in its numeral can be'
_divided by 3. . B R

: [
A

'”;'Examplea af ceunting numbers whigh have a faaﬁar cf

- '-3 are: . :
-‘ e rr e v . : o 3 § - SO i o

. 551 (Eecause 9 + 5 + 1 15 ‘and 15 “can be divided

1by. ) : L  §:::,':

543 (Because 5 + 4 + 3 12,)

IJI

A 864 (Beeause 8 + 6 + ¥is 18_ 864 also has. 2 ‘f@fliz :
o a factor because the units! digit is_ 4Jf v ‘if‘f

3. 1In the set of eaunﬁing numbers, a number will have .

faotor 1f ﬁhe unltsl diglt cf its numeral 1is Q or -5
. vExamples 6f counting numbers which have a fastor DfﬁJ

P

.5 arE- 4,835, 495, and 860... "

;495 would also have 5 as & factaf beaause the Bum _ ._"

" ._Qf the digits of i1ts numeral can be divided by §;

’ 860 would have a factor of -2 because the units'-
digit in its numeral 1s' "0, = ° |
L T i .
‘ . ) £
. -
SRS ST SR S, W—— S S - SR
j o - 3




Exercise S46 8 . -
‘factor of each of the following numbers.

C .
. 67,210

. 60,105 ko

wo' different prime factors of each of the félipwiﬁgé‘ffl?,,

1 . : . i
. Cg, . L

| 12, 5,055
13, 4,3 S E

s 14' _6! C}SD- R T R A e smn A s rdp Dosgaee

ﬂ';ay;igé_ﬁggzigk and 5. in the correct places in this chart. .  ~

: E:cercisé 15 1s done for you.

Number .| These numbers | ' These ﬁ%mbers' T N A
o _ 'are factors " are not factors | = . -




- be', w, wha af-e all thé num‘bers léss
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n rg nu;nbér greater

.(2 aﬂd 3 are prime
0 > is Segmpasité )

3

&




is tthQOmpletéw :

cher way to Expresa a numbér as a preduct Aﬁpfiﬁeéfié?

by,tes ing smali‘primélnumbers such as 2, 3, 5,
v ta see 1ﬂ;;héy are. factérs af ‘the numbera

: Example- . - S |
, ' ' §§ 2x18 (Etarting with E) . ~ﬁ’,_ ’t%fa?
( b!en we 1aok for prime factors of. 18 Etgrting with é -
S seeex B e
" Then e look for prime factors of 9, starting with 20 sthce,

'fiisihQFQa factor, weznext test 3. ¢

oy 36 =(2x2)x (3 x3)
. o =2xXx2x3 X3, \ » _
Eithér af these ways may be called factaring. Scmétlmes L

it ia easier to use one process Sometimes it 18 eapler to uSe Q}

the cher .process. With practice, you can find shcrtsuta byu

ccmbinlng thém. =




ra

éxpress ane af these factars as'a prcduct af

:;iié;rcpntinue until ydu have éxpressed the number as Tilﬁif

u:.::a Cor 1B e

.16, . 6, 28

Bt e T RO 1t;ih,1iéigjélﬁxiiﬁ_;mg

w5 9. %0

.

v B, ;Efr S
' *Qi;ip. Do'Exércises 1 through 9 'again, but. thié time
start with a different ‘pair of - fastara if there 15

Ll

. anothér pair,

gﬁ . | ,.__-vﬂ
'vQIT, , :.%;gﬁf_;4




express each number as a:..

aétod trée fon-parts. ‘b

i Ex’fg»' et :i,n:t_,;,.'
2% 2,x 36

2% 2x 2 x 18+ L]
Cexaxexax9 .

oxexzx2xINs
. n o189
i 143 "

g. 585°
13, 'Without dmltiplying, write each nurber as a product exp
| efprmes. IR
‘e 1Bx60 .. . d 0% §0
e hlké x%# : e. 125 x 64
H\ca Elx 78 . £, 25 x 320




«?réfiséx%s:- suggest ‘that we

“We might state 1t asy .o 0

The statement 1h the "box" is' alled The,fundamentdl Théorem: - .°




Y0 o 2.&:2:—:3:1:5._?

the thlngs we can find-

ﬁ:7¥1pr9d“3t Expréssian for SD, we. Eee that‘!4 (E X E
- -"E" @ "‘ 3):‘ 1‘3:‘: (2.x 5)". ‘and, 15, (5 x?5) are alacs,--_;
‘factcrs af 50_ ;; E » :

we séé that 12, o

'X-;f;ﬁ(g X 2 X 3), go,_ (E X 2 X 5) aﬂd 30; (2 X 3 x 5)

B \

}{are alsq fac%ars of SD.

i .

'The fagtgrs ‘ghown. in 2 x E X 3 x 5 are' PriméE¢3 Fﬂr;fl

o¥

. . this réascn, We must' have faund by“aur methad, evsgg_'x'

)

' ffactar of EQN _ ; o - L *;;Ei ;*J'

L’fliTTX' ;g? ‘We kncw thén that o ‘F ) >_13§ ;;'.F
cL v i [1 E 3, 4 5, 6, 10, 12, 15j 20, 3@}1531 o -
B :is the set gr all factcrs Df SD., o -'~;§

, i_. @s i
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EH

)% (2 % 7% 11 X 1.

(2% 7:% 12, % 11)

ERIC

Aruitoxt provided by Eic:



ERIC

Aruitoxt provided by Eic:



ERIC

Aruitoxt provided by Eic:



ERIC

Aruitoxt provided by Eic:

Thé %getgrs af 530 caﬁ-al;ﬁbe famgé ﬁy forming “

) vtfhisb éxpressé.on; PL
[

fgxi_égi_zxi

L]
aS ame WE.'.V' .

’an all be faund iﬁl‘iﬁh’.é
}; 7;--.12}5 3:1 «E ‘3{?7; o 3 }'f 7: . and

E x 3 x T

_!*ﬂa e

x,.;whlch are founti 111 bath expresagd,ans.._'

'I‘hé ’gféa;:ést, ‘60

s
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X3 K3 %3 XTXT

.2 X2X3 X3
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"iﬁe;greatesﬁiééﬁmqﬁ;faasgr@gf:

,.thE%S§§?éf%eéﬁmaﬂ%fa§ta'sﬁ

”c;mméﬁ:factéfféf3 330,?f




: "in f_e'éﬁl? ' Wha numbar«s sh" ld
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‘suggests’ that we can answer our question abouf

erg_gtel‘ing -
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(5 X 3) X 1DGD (Uée ass leative praperty )

f15 x 1DOD fﬁ (Eraduct af 5 and 3

(Pr@duct r:f‘ "157a
15;000_,.)- :
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O
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A a s . ;
(Thé pradugt of 42 a
1100 15 4200.)

;(The pradu £ of

21; ‘the rgduct af 1éQ
181000 g

“ {(The’ praduct'gf 21 and
i;lGQO‘iE 21,000..).




3_360 and 40
50 'Vancl 700
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=

i;-i;ﬁélﬁ&q.afr§j§‘5hawiﬂg pﬁaduetg(yéu:altggd? S

~iifkﬁcﬁ,vaérfé$§mpié§--

=il L. , ) o #

4 . e, \

- | e e
. 7 by .10 array = * 7 by 8 array .
- oo 56

2xw0=7 . 7Tx8

" These .arrays help‘us see that . L

(7 x 1Q) + (7 x )
. = ”,79 + 56

= 126.
""" ‘When we write . (7 x 10) + (7 x 8) in place’of 7 x (10 + 8),

f%fhﬁéféfq‘ﬁEiﬁéffhé”i;étéjbgiive‘Praperty‘gijmﬁltiﬁliﬂatiﬂﬂfﬂ?éff"L*ZTf

addition.

99



, 'geparatéﬂ o
-27f1th3 array . T
1 ke this? | - 4l

1L (8 by 7

—- L1 array) .

(18 by T array) R | i

»Find ‘the praducts separately and add them to get thé‘%atal
'fjnumbervgf gleménts in the 18 by 7 array. ;
18 x 7 =,(10 + 8) xg7

(10 x 7) +(8x7) - .

SN = 186"

1’7 The gémmutative préperty Df multiplicatian talls us that a H.

-"_7 by 18 array has the same number of eleﬁénts és an 18 by 7
: I .

- a;rayg.tpusi 7 x 18

n

18x7. f‘ﬂf
7% (10 + 8) -

U ay = (7T x10) +.(7 x 8),
| ;S 377; (10 + 8) X7 Lo
A T 7) +'(8'x 7), .
(10 x 7L+ (8x7) = 126 elemants.if

. Stnee - . 7 x 18 -

i

It

Coa

100

‘;_i‘ if_ ;3;; ”r .. laz(jiz . . %, :



* (Renare i??flaé'f?r*

(Distpibute Eéfiéééf*33§7ii
and Ti)g o SRR r

 530'+“149 ;‘ (Use muitip.iaatiaﬂ factsi*3‘
e , and place: value.) .
=7h0 " " (Use addition facts Bnd-
T e place value.

ros (Rename 42 as’ 40 v ', f 

i
o
o
L
o]
il
B — tl 3 :
T
v L] b
+
[+ ]
Tamiit
by
L
o
]

= (30 x30) + (2 % 30) (Distribute 30 6yérﬂ QQJQ' o
e TN AR R A

PR

-

. §,135§_+”§Q , : (Use multiplicat on facts'~ R
0 AP and place- value.)_ ; SRR

=.1260 - . co (Use addition facts an§
T ) - place value,

,s'k,x,(gao_%-SO +-5), (Rename 285 @8 EDD-+ S
. i 80 '+ 5. D T
(4 x gDD) + (4 x 80) + (4 X 5) (Distribute R
: over . 200, 80, .. :
, ; S . and 5.). -
ST ; §~BQG'+ 320 + 20 (Use miltiplication . facts
T C " and’ place valuei) -

et Eake (Use addition facts, .
e e — s oo —— —-aggociativepropertyy
and place value.) B




1

4, Tx 31 e 60 x 23°

217 x 8 o 78 :{,1'0

o 8 oE _
f 4 'x 285" n. 20 x.91
l
‘h.

=

éé":é'm; 0 o, 86x730

[

47;-:3@ | e 39 x 50
,;éf_; Name the praperty af multiplication iliustrateﬂ by
“_?i; : éach mathematical sentence. .§' '
Lol al 8x18 = 18'%x 8
&~‘_"bf;,§ . 2 x (9 x 6) = (E x 9) x 6

ilp._.x_ag = ,(19;( 30)_ + 7(19 X 2),4;-’;

A S

B T Eind n in each mathematical Eenténce._ JUse: zpat ygu anW'

'?ilff"f-J >about thé pr0perties of multiplicatian to hel you.
ﬁa 115 %:30 = (10 X 30) + (n X sa) <
| 18;<5 £ 5'x n

35}:(10}:2) --10- % (2-x'n) -

102 -

112




103




Thém 4 %285 = 1% L
The numﬁerg 800 32@ aﬁég 20, ar ' JAW '{gfiAF;f;; ts 17
\ Hére 1s a_sharter way to, find the product of 285 B

sand 4 ,ﬁéfcan write the partiaL§praducts undef each -:

—gbhergsfw«% -mgilﬁ.iplﬁ_ .Then, we han.add them. Far e;;ample,

.if]'# SAESE ;'ﬁ;*‘wa find éhe*ngmber}wﬁichv;n represents.

.. in this way.. - e e o o :
: - S p e e

e .+ ..285 _ : L o e

o arx L
' gaz—E(uxs)

L 32@5%s3==(4 x SO)

T o

&

Y
" to do this?

104 3 R




1213(5 4 gu

| /4 1224

224;: aﬁd 3 X 408 & 1224 ST

In the shc;rter way at the 1eft, above; \Wl{;;;:g thepe Just

Y

} Inéagh of thé shdfﬁér"wa‘.‘yé shown abaveg ia there an}[“

_ _.‘,.time whén ycm did or eould uge the zero pfope:"ty i‘crﬂ o

ORI |

E:- CI ., 1 . A
' 5 .
r . \; x




gach answer A cﬁmpleté‘s £

: A buﬁlding has» 72", windaws. If it takes 3 m;nutean

] ta wash Qﬁe windaw, how mamy minutes Will it take tg

wash‘i

A traffic liwh% ghanges its cclcr every 18 secands.“=
_,—‘ \5-
ch many secands wiil it take for the light ta make T S
t’?
= . . o ) . ) R I3

'llahaﬂgesﬁ . .‘1 S Sl ._!,4_ ”;_5*
Agghanagr 'h-féécfd fEV?l?ESA 33 tiﬁés a minute, = How * .
,umany Pevaluticns ‘will the récord mak% if- 1t plays for - -
_ L ; N SN
3 minut . v ,  : fﬂﬂj
[ 3 minutggr T

j%hﬁ,and his father wernt on.a fighﬂﬁg trip \It tcak

Eheﬁ{:g;'hours %a get to the 1ake Jehn 8 father Was :;‘

v AR

;Tﬂ55 imilés pg§,haufi. How.raf(ﬂiﬂvtnéy'nava.:na; 
g ibefpre‘tﬁiy could. fish? R
a Y U T T




ML ALLIE CAWET WLIGL -
UEREPE S S S N .

(Think of 67 as' 60" + 7) o
(Distribu%e 23" QJ§F 67, The o
. heavy vertical i1vie shows how * ‘
»  the array i8 aegaratéd intaq‘f“;;g"'“
. Emaller arrays.) = - o .;f;,
: '"(EG + 38) % SG + (20" + 3) X7 (Thlnk.of 23 ‘as—30° + 3 )

.(ED

X EQ) + (B-x EQ) + (ED x7) + (3 x 7). (The h%avy L
B i “Horlzodtal llné_"ﬁﬁéﬁ_Ehd’WE how 37—

the array. is separatéd “into y vul_

smaller arrays. The heavy 11nes ,:“

dréxn-an the array above. ‘

111 trate thése {?pﬁ arrays.)

‘QD + 186 + 14@ + 21 (These show the nuﬁ%er af elements
T ’ S in’ each of the fgur{arraya y o
(The ‘total. number of elements in a.

23 by 67 array is 1541.) .

| Gt .07




Look at:this example!.

l“

ﬁ:"ﬁeg ifyau can ;'dentiff each of the partia-'_l pr@iugts}faﬁ@wn

. 'above with parts of the -array. : &}
N ‘.i_iU_S-iﬁg the "yér't'i.cal form, cargputithé f“_llawihg,!

e
-

x 32 . o oxaB o Tk




. ":UQIIIELIQQ,_H?J!Hé mus \IEJ. LIUAL LWilile’  wMIWUW LS _L,JG-.L LicL y;uuuuu

T 10 49x81 SR o

12, _66 x 88 . '?,' S
'13-.;4# X 95 ‘

e AT BT e Bl s

%

\ %

eggs did he send ta marketﬁ~?”

During aur vacatign last summer, we tfavele far 25 hours

We dTQVE at 59 miles per ‘hour. How far daid we travel

28 huuraﬁ ) '*E N

during ﬁhé:

‘é ﬂandy sﬁare-pagked SE ‘boxes of candy._ Each bax

Qntained 64 pieces of candy How many pleces of candy

ke Wéré needed to pack all the’ baxes? S _

109

P i . i
v TBaxes T
15. 37 x 75
: 15 91 x 67N - | e
liUsé mathematical sentences to help solve the fcllawing  yi
grablems.' Ex@reas each answer in a Ecmpleté sentence 157
wA'Sét éf baoks wel;hs 12 pounds. If a schaai Qrdered v
"38 -séts, what wguld he thé tatal weight of the boaks -
‘:iardere§¢7f.: : ’ -= '
ngP. JOﬁes; §iférﬁér; sent 2% crates Qf ‘eggs ta the markét
i“_Ihere ?n 24 dczen ergs in éach érate How manfgﬂazen ‘A'l




2

i i-‘,r AR

rv » ,

.E SN (

& are, twé -Fopms for finding th

Tonger Form :'

o
g

350 (5 X 7®)
(20 x 2).
(20 *X TQ)

Y
14@@
1800

3
1}
e
o]
(o]
Lo

f

1]
W
w
T
»
]
e
o
Lo
Lo

144(3 '

18QD

A5 x 72)

Cmt

x(éé-s 72)

Explain how the paftial praducts in the 1Qngez.and

i .

Cw

. "‘*

’*isharter forms are related. tj%eECh Gthéf-_-

[P
o, .




form. !%;»-ﬂae}the:’fsﬁérte‘ri:..f‘éié_ﬁl Af . you.-ean,. .

L1620

11, 34 x.62

"12. 84 x 53 ,
x13;}'75A§'38 i k

w83 x 95

TS wex s

Ais,jﬁsa x 37 "AH,}%5:‘, S
18. 72 % 33 . D ‘

20T 86X Hg

Lo - N




imples will hélp_yau to geam‘) how Gjlll‘ln E

i 287 f.;if’f

7 . OR . - ‘ . 43 L

- o (3 %77) - - (3 X 237)

.  ,; i . léo 'ia_g 30)° 7 9480 (40 x E;L%
e GO0 (8K 1200 ) e 10191 (43 237)

. 280 (40 x 7)

S 1200 (40 x 30) n = 10,191

s 8000 (40 x_200)
e %.10191 (43 -x 237)

n < 34 x 5032

5032 | ,~ 5032

8 (4% 2) 20128 ¢ (4 x 5032) - -
1120° (4 x 30) - _150960 (30 x 5032)
20000 (4 x 5000) ' 172088 (3% x 5032)
Y60 (30 x 2) - |
L A 900 - (30 X 30)
T ’ Ty
S, 150000 (3D X 5@0@)

St o . 7088 (34 x 5082) .
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ERIC

Aruitoxt provided by Eic:

Use mathe ticalsentermes to Solve the following -

% -Express each answer. in a complete sentence

= 3

how much does

16" miles per gallén of

gaBoline, The gasoline tank holds '17. gallons. ' .

“How many milés will the autonmobile go on 17,

£

‘gallons?
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;thé:nﬂmﬁepiéf‘péﬁhds;of_éitﬁaxpaggg

o

'spamps;51Mafycﬁas

&4 'she need-to’ £111 “her-album

ERIC

Aruitoxt provided by Eic:



Q

ERIC

Aruitoxt provided by Eic:

: "'ékillfur with multiplz r

ant to 1earn ways af rnaking the pracess of ,Yd




Q

ERIC

Aruitoxt provided by Eic:

:Study- the: table -yéu have just.complet ;
:.1000 in ,the’ lower right hand box?. -

- table be .-ﬁssd ~0- £1nd -the ;ﬁﬁkpéwnﬁfﬁcﬁ@f
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Aruitoxt provided by Eic:

E
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{. 9x___ 750,

he. used ‘to. make the sentence ‘true,

—_% 5 {

X 5< SDO

‘X 4 < JGGD

ej;?*

{ EDOD

{ 4@00

be uaed,ta make the Séﬁtéﬂce true.

- ¢ 5000°
x“u < 2196

{ 568

__x8.L 2502

509 C U f kX

: 's,,.;x e < 596 -

< 3000 .

e X9 u8se

b xs 000

< 1545
<' ‘1946*-

passiblg then use the largeat multiple of . 10.
) x';

¢ 3@4

S HB0T e

AR

-
o w2 &eaf‘

n, ___x8¢ 412
¥, x4 <3597

x ___ £ 8200

f-s 6 61549rf}"7,:'17-i'""

,‘Camplete with the 1argest multiple of 100 that mayif
ir this is ﬁDt o

127 s .




BECOMING' SKILLFUL IN DIVIDING. = .

an use cné af the farms belaw Xou may select thé cne yau

W

' Mathematical Sentence: 83 x 4 = 332 or 332 + 4 g~53§'

1 .

' We can check our answer: 83

e




il

153

-+
b%S
=
i




B Qi—quatient _ ‘ o : ‘ - o
vis:\r > 5 ) 7 é—dividend f_dii?;acr% 5 5"%’7 edividend
ifa , S e sl

EﬂE—TEmaiﬁdE?——"TfmaiHQEP;;siE*—Sigpéﬁiéﬁff%;

@s

o :3 have fnund that 47 = (5% 9) + 2.

g

W kcan see ‘that this sentence is true by thinking

45 +.2,

iaeaﬁJﬁéeatheseusaméﬁwaysatazfindqquétien%szgﬂdgggméinde: i

g

when we wcrk with larger dividends. ' -

Naw lcck at this mathEmatical senténce.

437 (n X 9) + r

zgi_# S .(8 X 9)—

e 130




Vand 9,

| ana adding ;.u

131

Qur—answer shquld,

R







atural Histcry

< h 1dren visiting the.

2'

ERIC

Aruitoxt provided by Eic:



‘and: rémaibder .

- a.'- If ‘the remainder: s __, then the diyiscr 1s &
/" "factor of the dividend. SUREET ORI
;ﬁ; If the remainder is not ___, then fﬁﬁréiviéérzi§i~ff‘i
‘not'a factor of the dividend, Co S
] ' , then the remaindér is _

VE‘SEJZ‘Dividg the first number by. the seccnd Then Wfité the L
o mathematical sentence, For example,' 258 divided by ,{;i;

'=ff28 givas a qugtient 32 and a remainder 2. Theﬁi”

"?7_mathématical sentencé 18 ESB (32 X 8) + 2. Gheck
he sentences.s - ' RN

2 by 8 . .r, .756

7 "'220@1 W by 5
5o ,'7024 by 8

=
e

0 v EN
P

&




17.

n x 5D _ o
: 80 X 8,(3 n R e

= 150@ '

490@ 2

o !
=

: U‘.
-
ol
[=
Lo I |

50. X - =
80 x 1 :

I
CL
8

o

{6000+ 60 =n

‘n X100 2 10,000 .. -




.,gg

“Ng'sé”isséééli;flfC 

:-:: 80 < SQQQ
< 6500 .
{ 47oo;ﬁ,p;,ﬁki;}
{ 350@

SD X
5Q x E

é“. trué -

he
: _;'llso X

sentéﬂ ’

‘ ( 8442

< 5591

dox ¢ CU

306723 -+

Lx6<320 -
_;g~3~< 2872

7:20 X

: Find the 1argest multiple of

;::seﬁtence truei

;Tfind the largeat multiple of

'”* i2e x __ <131
‘E_xlté?{kSBD“
ﬁxacf:?ue
< 12,200
. < 26,200

3f.

¥ g;.

"”:1?:39 X
50 X

’Campléte with thé largeat multf“lé““f‘“lDQ Wﬁich make

'"ﬁEG X

g
h
ki
j e
K
1

. hr" N
1,

Jo

| L P
<’35’éigi’53
79 < 45,006 v |
EARS 5640
L ¢-26 500;;
£ 60, 3095;
—< 75;GDGI,i

5@7

7D X
Sox,
90 X _

100 whieh makes the§

'If there is no multiplé gf lﬂD, then';f,f '

,19.,
lu:) X
SQ X f

( 2449
< ug,oca

76 X
x 90 { 7599
S < 75,460

1,

< 30 aoc

_90',




48@;;263:%4_
i He think of n as. thé 1argest multiple of 1Q |

80 that,

3?(n xvgo) Gis nct greater than 430

‘: HE then thlnk ﬂf n .as _the largegt number sa that

-ﬂ(n x ED) is nct greatér than BD

"Q

i ' ' :
We desgribé the reaults of the QPDEEES by the mathematiealf~a.

Eénﬁence~ e _ | 5 \
483 a i (24 X ED) + 0 or U480 =2 % 20.
e, gaﬁ check the work by 1 1tip11eatian. )
DI " @ | l
X0 . o

LSSt ugo




g0, thati |

(ri x 40) is nat gr:eater* than

rl

ERIC

Aruitoxt provided by Eic:



:bax will halcl BD piécea._ How many bexas ai‘ candy‘ da

5, ,=Z- _,-:. .




£

S b Sﬁ(}_rtér. Fcrirﬁz R

3

[

Q*In b; to shﬂw the partial quatient lDng we Gaﬂ».
In :

write 1 iﬁ the hundred's place'FRSnstead of writing BD

 n'write 3 in: the*ten‘s place Then we canhwrite

l';’?ané‘s plaae. .

-

Wa dgseribe ‘the reaults of either pracess by the _';

r

='tical séntence
(139' x 6) + 2.




ERIC

Aruitoxt provided by Eic:

‘we+can write
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fhen we

the' results of elther proces

= (261 x 30) 43

.

fe i e e 3

ERIC

L E—————
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o\l be;:;;:

What ‘o' you notice.about all of’ the

&

ERIC

Aruitoxt provided by Eic:



'gg'éy'! 8 !_ci‘a 88 are 'fhakiﬁig{f 'béakc;.év;e

"' How many ‘tore

oy need An-order ~»t¢;1»_ﬁaiievl.§i sheet. for: égféki:f'ﬁggléi‘-

. VS

ERIC

Aruitoxt provided by Eic:



ERIC

Aruitoxt provided by Eic:
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SR L T ﬂ v
>;ggndjs§1ve._ Write an’ answer sentencei 1%

B o . . o
- He. paf@ §D ‘

Rcy bcught feur fiah fgr his aquarium

drave an’ average af 41 miles an haur. They tﬁaveled

- " 9: hagrsf_ HDW many miles did thgy drive the firét day?

q:-}s!

1173 f:i;ﬁ 7 75 pieges Df fudge fGP a party.
piecea of fudgé webe 1;ft_ How
& oL
= eaten ‘at the party? e
,-i i_‘ . =
\ A}
@ . . - oy




°n (av g, guarters_ She _now - has ld guarter '

‘il = {*

d@llars a mcnth fc:ir- ganagé rentl ch

"lpay :Ln ane year? - - D&

i S ,Lé - it _ﬁ,“_‘,

,'Yuu hav% 8 sections of sigver chain, each of i‘mu' 15.;‘1}2%
Ihe é“aat of, egﬁf.’t’.iﬂg open a link dis. lC),z' and af walding 1.

en agairt ﬁ;],s 25;:’ Wha’c fs the 1east\;you can pay- t.o

.
® hs,ve he eight piﬁces jgirﬁd §q’geﬁher in a sing‘le Eﬁ'iain'i‘ : .

S ) !?‘ — A L ?‘ T
;Sally Fgad % pie‘eé of “%-1bbon 4 inches 1@115. She fgu,ndﬁé o
oy & _— T B : S
,‘naﬁher pléce inches 1@115; ' Now. she has 13 inehea o
_ _ o 2 W . i A
Whatﬁghumber baget tyas Sally uaiﬂg? ,w
é@ & T . . w., - ._ ¥ ’.T""Q AR

One boy ha.gsl a stick 5

8 aticlc was 3? inches iagxger
A LE
: ;nchéﬁ’ 1ang.“ Whatenumbér%*base Were they using'?

R+

"’-.1Qn§‘fﬂ ', The oth% bcy'




"“ihereased~by '8

fmultiplied by ‘n. T e
“and 9 R
- "

!»decreaaed by 4 =

Y

praducg cf 6 and§ n . E

&

iy ’;ntmbér rn d'vided by 3

flwnat ndm er 1s - represented by, each of the exPrEEEiQnS in]

’ﬁ?:P:ablemgl_iﬁ n =127

ﬁlAnswer each Ef thé fallawinz with a campleté -gentence, :iEQSnﬁ;_f

‘ firat Qne is worked for ygu,;i 5 P -.‘ ‘ ;: J
: :‘xa) HDW'mEﬂY 4'5 ‘are thers- 1n gix . 8ts? ,f N
;s :»There aré twglva LHE in six B's.; b 1\ S Ll f

V ’ﬂ [
gb) HDW many "7’3 Efé there in three 14'5? o I

; ké): wa many; 5‘5 are there in fiftgen 4157

4a f Hﬁw many “3!5 are there in four 12!5? -
' E:
'e) eﬂaw many 8ts are therE“in;icurteen heg?
= ' & ] 5, ot N .




.1,&~

cep sentsf,n'each cf these. Tell

reded ta:find y Exa ple A is dgne :

. ffé 553 ¥ y 8 010 L q N v
Ty 58 x 867 = T T

“g) oy < d6ug - 6763 -
__.-;i__hv)'.:3_(:);,6(';3*0'__!j y = ko8 _ N

¢
%

5, ‘Name ‘the first ten members of each of the following sets: .-

.(The set of multiples of 100) . .,4. ... ......i ..

T = (The set of multiples of 1,000}

R - cémﬁléﬁé thesé'seﬁtences with a multiple of 100° or 1,000
. H%Edéd to make them trua\aentEﬂcea Here ia_éne passi%ili?jﬁ

i

Example-‘ 2,000 x 5 < 12,110 .

a) L x6>9% - £) x 33 = 3,300

; b)‘:,_;!_.*gjx —f 4o, 121 g) _>e Sié.

e) aﬁ x b < 5,210 - h) ___ x 1,49 < 293,@@0, )
" 4) 709‘*( 15,316 1) 30 x
e) Ex___ > 27,88@ T

P
W\
3#:

6 DQQ

R
b

% 25

5,@03 ,

RO S




: Exampié’*a"=is dorié for you.

hundredths or’ -5 teﬁths ‘plus 8. hundredths‘?ﬂ"

I
M.
E
(e
L3
A
o
ot
oy
W

d pf:;fﬁ,ténths plus. 'iihundredthsi;“

"hundredtha*cf tenths plus : . hundredths ;f==“

_nundredthsiaf “tenths plus ___‘hundredths’

- ‘| .
1
[

b

-1Ehundiédth§féff' tenths plus hundrédthg'

,ﬁnﬂiedtngia?:_ﬁfftgnths plus ___ hundredths .

- % ‘o »
a) Ease ten 7 e) Base nine _.:

,”g;;: .« & b) Base five ) EaSE’Séven;i

Telev e e te  g)" Base 8ix _ . ¥ g) .Base eight _ .
% 6.8 ® 7 - - & -
st e e . Q) . Base . four . __
[ ] : -
5TV:Eart'B '
v.‘ B . = - -‘;k
tf ‘ .
B 'erte ‘a mathematical sentEﬂce (or two sentences if necessary)
:=;iand sélve. Write an answer sentence.
‘éif ‘Mark said, "Tonight I am golng to sleep 9 hours and 30
: : . . '
‘minutes. HQw many minutes will Mark sleep? "
ét fAn army division has 345 platoona. There are ‘38 Bsoldiers
"“4n ‘edch platoon. How many soldiers are there in the
‘diéisi@n? o
f',.S.,'MP- Jonea bought 12 gallans az.gasgiine,, He -paid - 33
_.Tcénts a gallén. How much maney did He spend far gasaline?

' e * ) o ! , o ' ¥ __, *

4 A i !

: i e 5

1L
: .
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ag’

'he bex.

vertize%@hgg thgwbax?
i

ERIC

Aruitoxt provided by Eic:



at,its Endpo;nﬁs with ‘a bar over them.A Thua..izﬁ.;éf

o gg .
tb% édges of the bax? . s

H W many rectangles did@ycu find?

Aﬁéﬁéltné-intEPsectign of the ébp'faaé and the frént:fééé,_ uf

7?What is the intéfsectian of the set of points on the 

w

: battgm‘face and the set of points on the front face? .







faces ‘has’ this pyramid?.

Cpyramid C 0.

’ §lanes?

”;Which of thése planes 1ntersect at 0? i”‘

) :Name the gegmetric figure cutlined byfthe edges _IT
L?fgﬁ' ﬁﬁ ; . -
: -uTPace theae edges with ?éur finger‘tipa,aName‘thgm,Q

,—; of the Eggeg Rf,ﬁhe'fﬂﬁf'fria

ld a pyramid have Just 3 faces? Vﬁgmembgﬁfﬁhaf




LI

£ 'a cylinder have to be circular ?egicﬁé?'*

of a cylinder be square reglons?:

1001, ‘sides? '




ADDG with your finger tip

yDur finger' in the inter‘im‘ Df the tr-iangl )

_-'Namé the;.ar;gle whaae ‘vertex is §t~
‘ “\ o, L . -!17. :
) .Name t.he angle whase vertex 1s at
: 'i_’Ht:w many namés weresﬁ*giveﬁ‘ for: the
; L

.vertéx 13 at D?

How many némes wérge ;g;y;éﬁ for the :

O
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'TZJWhy was the 1etter D p,aced Ain the midd; (betweenl 0.

)tin the name, ZQDC*

";QWhy is the létter c placéd betwgen
» 0 and. D in the riame ZQCD@

__jMake angtheg drawlng tc:x):;'h@w thé rays which

"form @Dc. Why ‘1s the

=ffbetwe’n‘thé letteés

Draw an angle on yaur paper Color the 1nteriar af théﬁ{ -

=anglé red. If anly the interiar gf the aﬁgle is tg bé."'”




ion 'qug\sché plané beicw dEB; (the pai‘{:";

r the part of your figure -

. PR
5 : k] i
® - . B

. e
8

. of youy figuré_ﬂhiehiisﬁ'i§u

_thie part of your” figure

PO Y

L9
. - L, . oa
- i . - v
H

(the part whxch ccntains
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n the point -C-

1y ong

wo Begment .are con
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gégment not ‘congruent téran§1énééaf

[ “ g . .
T T ' o . = e
- Dfaw&a*fifthﬂqggmentﬁndéi;aﬁgruentuta*anymane@offhesag-ié

CHoose the length of this fifth o

. We want to construct a triangle’
Lo .jlajan each of your first three segments with sides. =

.';rgcngruent to the fourth and fifth segments. s

0 d) -Draw three triangles on the first three segments.

'fn each triangle, make the second. side gongruent to

..thé fourth segment, and the third side'congruent to

-

the rifth segment. e S \

=

:é) .Can you make each triangle different 1in slze and

i g ,

| : ~
f)» What 1s ‘true about all 'your triangles? 4

shape from any of the others?

#--~ . Because all of the triangles are congruent, we say

- =that three sides determine exactly one triangle.

5 =

4. Did two siéés determine exactly one triangle?

-5, D1d one side determine exactly one triangle? — B —

195




. geé‘ﬁawﬁta Gapytlin;Lsegmgnts ahd;ﬁriangles~=»j»

shtedge and‘g;mpass. Now you will learn. how

Do you remember how to copy a triangle using the

_Stfaigﬁtedgé and compass? Draw a triangle-and

o QO e e
o 2. When you copied the triangle, did you also copy
[ its angles?
'3. Suppose you wish to copy /C.
M . (When we name an angle by a

Siﬁgie_letter we mean the

angle whose vertex is the

~  point named by that letter.) CZL _

W

How -could you make part of /C

e :_5§wg-aides*af a triangle? Draw a dashed line to ‘complete .

"' " a triangle. The dashed line will hélp'ta’keep in minﬂf‘;

the angle you are copylng. , 2

4, *Make a copy of the triangle you made 1n Exercise 3..

. ) 5. Which angle of the triangle that you made'in Exerclse 4
} 4
do you think is congruent to /C? Trace this angle and
place it on /C to see whether 1t 1s a copy.




“gée hgw your list gampares with- the 1ist in the
fél;gw;ng summary’.

Suﬁmaﬁy

- To. copy an anglessuch as /C
- make it an angle of a triangle. Next,
" copy the triangle by making the three
4f§i§éé'tﬁé sdme ‘lengths as the three

sd des gf the first triangle

X T s . -v B ?
r;be used ,

The fcllawing pra§§?ure can

;“5k9”“1;= “The Verﬁex of the -angle: we

s g

- wish to capy is point - C.

f w;th C aSsavcenter _construct

an arc cutting the sides at

*ﬁ L : pglnts we wWill call A~_and B;

"2, Draw the dashed 1ine segment AB. AABC is the triangle

you-are 'to copy..- | ) : S




A*using part‘gf*“A*;~

,yéuf»éémpass as ip SE%?yl, =

‘"_ eanstruct an arcl. Cail the

neinihﬂhsﬂaﬁghis .arc. 1nterseets

3_Iphé ray, point E. D

' Change ﬁha-aéééihg,qf'ygur )

-:;gamééss 80 that 1ts polnt are: .
; at points A and B of 4BGA§ |
iKEé% this setting and place
t Df the campasa at

E and draw an arc which

' -intersects the ‘first arc.

Call the pé,nt of intersection

...of tge;ﬁﬁc arcs F.

"6. Draw iﬁg. =

Have you made AFDE ZEGA? Let us see.
Draw BA and FE.
*. Is" AFDE Y ABCA? Why?




€
a

_becausé we havevmade thrée:siies
th

f ane triangle cangruent ta

1d§s of the other triangle- ’

We- hamg ehbsén Eré aides the same length for EQﬂVEnlEnEE.=-NQW;
o

les

1nce we' &ngw that cﬁfrespgnding ang

-are @ngruent we kngw that ZFDE = /BCA. -

e

O
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e aametimessa‘y’

| angles f::ff fr@m the - anshcre road." If he :;

»f on€ size. If

fret~of -a~d1fferent~=

"size" of an-angle.




‘ we defined it?
2.’ Name 3& sides of @Ac a7 LBAD%_'AI‘E__ the sides . -
ségments, rays; or lires? " . AL

. ch+tha'si§a$.Qr anyanglé hEVEfa %gginite 1ength?a“uh:;“;}

3 I L)

:jbg j@ﬁ think the siee @i anhang&e dependa .on the 1engths;

s i

of the sldes yau acﬁually draw? ™ e = ,f*-

It K] clear ﬁhat the size of an angle cannat depend on.

[

‘“.the length of its sides, ‘since rays have no definite

length. h:) : o ) .

Ta’see what ia meant by "One angle iE larger. in size than

n

snnthér angle,' look at the §‘etchhaf.the

2 camgen,~andfpévgni -
. o i . . \ .
. 202 7
- i a : 2 iy b A
, o ,
= L 5)_1 lg -
- .
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5.. Name the sides of. /BAC. o = o
YO ‘Name the sides of /BAD. | \ \

w . ) N

L
What r;;y ,,fs a si_;cie of both angles? _— ) )

i

. C e e 3 ' ' : & [ .
.70 .. 6. Is point C in the interior, or in ‘t.he~ exterif:r . .
S er fmape e |
. ) I } s e : R I .

b I . N
4 L

:—'."' ,é g ,! e e e 2 = . [
+T.  Is Ap (except for pc&%ntﬁ ‘A) in the interior, -

G or in’ the exterior of %KD“" T
: N ' ’ ' * } LI . - N

, Because a) éEAD am:l iEAC tsath have side AB; §ﬂ ,1 oo
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=‘Narnezail %he angl,as 1n ‘the sketch. (ThEI‘E are si}:k)
<0 - 2 T Ts
. L[:DQIE at 4GAEi yhat rays are its sidea“?

lAre E and ¢ "in the interigr BE T /BRD? Becauaé'““‘E

: x-'-~i~_‘_ahd_~C-~' are. in the aint,er'igr of iBAD Re ,say', - "The ‘

size of /BAD 1is larger than the size a./CAE."
L B . ;

of ./BAD.") .
}'ﬂé an angle uihc;se size‘i’s smaller than the glzgeof
[Dgc'a. Name am:sther one that appears to be-sma_ll_erg

Hc:»w ‘can you yit::e sure your answer is right? -~

12, -Name an angle of larger size than /EAD. ’
""Néx’ﬁé ‘lar‘xbtb;ér_ane . How can you be Bure? :
13- Namé three angles, each.of 1arger ElEE than éEAC:

=

11L ;;Suppésé ‘another tt:mrmi Fariey‘) is on t.he Ashtan-@émden

.,'_Reéd. . Copy the sketch and represent Farley by point F.

15. .What can you say about the size*a Tof- ;LCAE and 4FAE‘? :

K

g Abaut @AF and éDAC"r‘ /BAC and AFAE'?

204
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Trace (/ABC on tracing pap;;§ Place B on

L = — - S
§ 'and BC on ST. Put BA on the R=side

DN S N -
of T8, Must "BA 1lie on SR? -

'~ b) ' Is- either of these angles larger than the other?

c) If two anglres are congruent, can the size of Dn§3L

. H] 4 =

be larger than the sizé-of the other?

At st e ‘ Summary e

£

= example&s above show: : &

1. The size of one angle is smaller than the.slze of

<. - a second angle: L.

R

‘a) ir the angles have one ray 1in common, and

a point on the other ray of the first angle

4

“"Iies In the interior.of the second angle, ' ey

b) If a point on each ray of the first angle

- 1ies in the interior of the second angle.
4 .

:Congryent ‘angles have the same size. Y : e
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Choose a p@intv,5

# oy A
8,

ioinpa e the 'size of | /RST -

L s T
“'with the gize=of /RSW.

¢) Compare the size of /RST

&

- A
“with~the-size-qf—/WST:

2. a) Trace /XYZ and point K.
o Point K §& 4in the
: i

of /XYZ. Draw YK.

b) Compare the sizes of '4§YZ

and / XYK:

" c) Compare the sizes of /K¥YZ __

» 3. - a) Cut along YX and and tear along the Jagged
N {

=SS

~ curve. Fold along
b) Is /XYK = /KYZ?

— e S el s e
Does YZ fall along YX? ~

—

oint N near 2

In the interior of /ZYX, place a p
an® draw YN. ©Fold along YN. Which has the larger

s1ze, /XYN or /NYZ?

-(i 5. - Draw an angle. Name it /MPR. Choose a point (call it

wx%{%ﬁa)gﬁaoﬁtnatgycuggan;bafﬁufe;ghéwﬁiﬁgﬁgf;ﬂégfﬂymiémﬁﬁgllefﬁ

: (\ﬁhan:tng size of /MPR. Where did you place S?

e,

206" -
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", of " /ACB?

g IEE in the interior of LACB

‘the ﬁﬁéfiéf'bf’[@a? '

-shown 'in the figure?

Is 1t in the interior of /BAC?

Of /CBA?

Draw A ABC and label a point D as 1n the

prevleus sketch. Then draw PTE

What two angles are smaller in size than 4CAB?

Draw.a AABC and label a point E as in the

gsketch above, Draw BE.

What angle of A ABC 1s smaller in size than

. [EBC?




i"\

wthWchEgsizesﬁgﬂgtwgmamglés are, compafed‘f

L 4

"“s ha)é cne fay in cammgn or when the rays (except

are in the- 1nteriar af the ather Hawv~£

) shall we gamparé the sizes of two anglea which are nat pla@%ﬂ

‘4in either af Q}&sé ways? ’ ' ’ FE
A
» i;‘ £

1.- Copy 4;;11 jy tracing it on thin papgf{ Copy the

seweoo . letters, too.” _ ‘ : e

2, a) How should the rays of /DEF be placed on 4§BG R

to compare the slzes of thé angles? ¥ou ‘may want

_*to turn yaur tracing over. 5

[P s e e e

b) .Is tnere mope than one way ta place ZPEF in ar&er

paud
Co to campare 1ts size with that of é}BG? '

3. How do the sizes of  /ABC and /DEF compare? o
-3 : : . .

¥
2ub
- &1
- A é) t
. LI 2




glés are, gompared:whan R

“s have cne fay in cammgn or when the rays (except ~ .

ék) af'ané“aré in the’ 1nteriar af ‘the ather 5vH§ww¥'

l shall we gamparé the sizes of two anglea which are nat pla@%ﬂ

‘in either af Q}&se ways?

1.- Copy 4piéaljy tracing it on thin papgr. Copy¥ the

v e . léttefsj tgo . ' . ’ . et __‘»

2, a) How should the rays of /DEF be placed on 4§BG o

to compare the slzes of thé angles? ¥ou ‘may want

_*to turn yaur tracing over. 5

[P s e

A b) .Is tnere more than one way ta place ZPEF in ar&er

¥

paud
o to campare ita size with that of é}BG?

3. How do the sizes of  /ABC and /DEF compare? o
& , : _ ; ‘ T

S RSP L YT S

‘@ ' c - 208
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fcxll'cwi : g

Are: the products' the same?.. Why?'
“Are -the p *Eia:l.“p;‘-éaug:'tis 't'het-'éémé'? Wh:r?
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Lincoln tamily spbnt §224 for an 8-a

nger took ‘the fuld -amount, .

Were carpted?
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3 NUMBERS 'TO THE NEAREST MULTIPLE OF TEN

P

to help us see that: .

5% 18 nearer to 50 than 60.

.} 58 18 nearer to 60 than 50.

~ -:-W‘é"v,lliaﬁ"{ré dlscovered a way to find the nearest multiple

of " 10 to a nuiber without usiﬁg"a number line.

kS

’”5f¥tvis;the nearest multiple of 10 to each Df'ﬁheﬂe(

=
#

1oy}
bt
W
&

3L - »g-} 285 288
.ﬁi'é\!‘ T = . .~ ‘

¥ ) . ’ Pt

4 - 567

58 684

25 139




A

_ : - _‘. i" P

1éo: 1770 180 %0 200 21@ Vo

ac 143 150

e have used a number line tc*help us see ﬁhat* # ,

,_1’42 is nearér 1:(.': lOO .,than EQD.,

te

o

167 1s nearer tc 200 ‘than 100.

e R 5

185 203 | 230 . 63

R \ - x:. \ N A :
186 - 5C 346 > 650

850

b3
e
b
a

Tho




: 1°1‘at1@n

;abaut.a sherter form for dividing. L

eral forms for dividing 856; by 6.

i

- %

t’i 2 ;
A sShorter Form

hw\ 47159?1:27" g

600 | 100 | 600 | - -
236 , N éﬁé_ v
18| 30 | | 180 |-

,;KWhen 855 is divided by 5 what 18 the quotiént? What

s he . remainder?

-

-Find a mathematical sentence that t)lls ua that when we "
5836_Hb? 6, the guotient is 139 and the remainder

"say that 100 and 3¢ and 9 are parts of the

ﬁsing place value, explain how the aharter form tella




.We als& will earn things that can

' when we divide.

..,,.z;f:»-,:.,;,h FE O TS E P P _,":... -A_: .

=26

¥




ise Set % -~

‘following, divide the first_xi;um’ber‘

,iféf&“mathematicalvsEﬂtenQEMtaid&sgriﬁgmmang

8. 1690 by 5

9. 5670 by 6 . . 1.:Q7;f;

10. 3549

5. 1728 bY‘iS R

-




1S GREATER THAN® 10 AND LESS THAN 100
" Exploration

e 859 by 23. First, we wlll use one of the

'ter we do this, maybe you can see how we can use

23 1859
690 |
169 |

T

Will;thé:guétléﬁt be at least 107
* Will the quotient be as great as 1007

- Whatvdaes.phis information tell us? -

"\ {je-can use multiples of 10 to help us

quOtLent . - R

What are the multiples of 10 that are less than 1007

. We try to find the largest multiple of 10  that.will be

part_cf.thegéuatieﬂt!
_ What 18 10 x 23¢ What 18 30 X 232
What 18 20 x 237 What 18 40 x 23?
‘Have we found the largest multiple of 10 that will be
part of the quotient? What 1s 1t?
. How do we know that 30 1s the largest multiple of 10
" “that will be part of the quotient?
Nﬁw explain the work shown in the boxes near the tépIDf

the page.

.‘
e
)
o3
]
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aféeatiﬁumber so that that nuﬁbefJ

E LR

7 1is the largest number to use?

in how the work in the boxes below was completed.

.. We divided 859 by 23.,
What is the quotient?

" What 18 the remainder?

Write a mathematical sentence

" ‘Show how to check your work.




v gf

e e , Vi S
1724 ‘by»téfis;Two forms for doing this "

67 Y areh|
335 5
':Lﬂgfﬁﬁg'ggji-

Multiples of 10 help us flnd the first part of the

;qtatient- pr can we find the largest multlpie of 1@ tc use .

_as thé first part of thé quotient? What is 1%?

How dc we know thé@ ‘the remalning part of” the quoti%nt _

. will be. 1eas than 107

-ngﬂ“ag ye find the remaining part of the qUQtient?ngﬁéﬁ”;




O
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“hogo by T3

7. 5136 by 66

8., 184 by 27

9. 6434 by 75

10. 5103 by 88

£




-

%128 =£Fr ai bus to take 32 fifth—gfadera .

ate capital pr much does each pupil hav

Aistcra had a sale on one model cf a bicyale.:véa .

*

e btcyﬂles of thias mndel were sold fgr a total amount

_;H Gf,;$21§55, What was the sale price of & bicyeie? oo

1k, :3a§é has 630 stamps that Ehé wants ta put inta : ‘,_‘;

4

envelopes. If she puts 45 stamps in each envelope, - -

how ‘many envelopes will she need?

15. ‘An automobile is moving at a speed of 28 feet -
' per second. How many seconds will étzxaké it to
move 980 feet?

]




We divided 836 by 6.

: What is the quoilent?

' What 18 the remainder? @
these things?

t"mathematical sentence tells us




R

(6 nundreds ).

Eient numeral. In the. form at. 5né right; we.also

v ‘pants of our

‘- How did we use place value to shorten the writing'

-

-"."fH@\v,ﬂid we use f:lace value EP% shorten the writ-ing;y

fof 1802

&

B Lo s
. 4
,—’% . ) &{\%X’h
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.o &

“In Form E, explain how " yau‘cQﬁld use éach of these

“helpers ;S with place’ value; ‘to work the example. .

¢ remainder is 2.

he quctient 15 3, ﬁ?e féméind%TbiQLJEQ

Wheﬁ‘,iv;ding thé ones, ‘think: -

553*'5 ?hé qggtiﬁnt'is 9; ﬁhe;rgﬁalﬁder is 2.

U Gguld you use thase game "helpers” wltﬁ;gﬁrmgc§ Explaixn
F; What does "r2" méaﬂ xn Form C? e i

B If yau have a ggcd memary, you dun't even hgv& ta writ&
-.the (E)f-and_the t{5) 1in Form C. If ‘Fou can fémember them,
-all you nieed to write is the qﬁctient and the remainder:

139 ¢ 2. ’

o




s

opether three forms of dividing for the

>: the remalnder 18

, 'I‘he c;ucatient 1ls

'~ When ‘dividing: tne“é*ens; think: ,
‘ . ?; N . i“
2-';2%;%; "T;; ‘,_The'gﬁiiajme;;u is 3; the remainder is 6.

;‘wiién dividing the ones, UlLink: o N : . o .

: 5D+ 'T ' The quotlent is 8; the remainder is 4,

Wi
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“the_vays. we

e &

7(3
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If you.can use a sho

,, uséﬁtheiehélké§aféVtcﬁshéwléﬂ,
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mathemstical. sentence ‘that. g

i
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mathematical sentence.
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' fi;éépie.vﬁisitéd !thfepiazk:.éaéh ays

“how many people visited the, park each day? . -
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L] | B ll“: ’ |
a6 THI N

L

é cf lD we can use a8 the first . o

L : .5 =
&

& *
ﬁ;

¥

&= . B - - ——

How use - 50 a8 the first part of the

£

. quotient. Is this the greatest multiple g * 36, ? 1915

~of 10 .we can use? Explaln.

.Térﬁfj'ﬁ@ fMnd the remalnin® part o1 Lhe ,;:M“

“rquotient, we dan usé 11+ I as g "nelper" &7
' %

.‘
By

. and’ think "2."
How can we tell that . 1. ..ot .

greatest number to usc 1.1 ‘he .ema.

r

‘;Qart of the quotient?

.. N ;’é 7
Lét‘ LIELIEE 5 aE tlﬁé [Ty TN B N L L L . [ . N i;t—:-

thE‘quQﬁlént. Is this Lhe prealusl 53

' z 5 - %
Eﬁplﬂ,lu. _3&3 j IA§I;

Ve divided 1915 by 36.

number we can use?

‘What is the quotient? 108 !!f

‘JWhaﬁ 1s the remainder?

1

%

“HElperE ‘do not alwaye 1o. . ue . tulrecl parts of g

" the quatieﬂt o ’ g
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Aruitoxt provided by Eic:

A mac L pru&uaes 348

‘Pows*wil¥-be-neededr - - -

"*ééﬁsonsig

®

'if'eaGh oW seats

#

Robert reads appraximaxggg

21

e

spaans an hour. How many

=

e

torium iE ‘to be used for a meeting of 958

*\

pEPEGﬂ&, how mahy ’

&

vords a minate., -How

i

manygminutes will 1t tahe 1am o read a story of 1G§6§

words?
LI ’ gi; . = )
;,, ) i - w y
&= ) # e E )
m-grapefruitearchard had 864 trees in 33 rows. How
many treea are there %? each row?
2. 7h%; A , :
@ ¢ '
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L ’ » X ' - .
253
S oL — .
-
RS ;gégi?% A -
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" Exploration ‘ d.,

e g i * e , T T
“We''can usé place value to shorten our work with division
examples when dlvisors are between 10 and 100.

; nk of. dividing 173§§f by 45.

N Does 1(Use (390 « 45) + 162

W

Explain how kolun b 15 .o ooles Lhan Form A.

Explain how Form (¢ le shollel than Form B.
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Thé cammittee has 685'atickets“faf the schodl play.,

ThéY Put l5 tlcketa in each package vaﬁ’manyf"“’
B

*wpaekagesraf~tickéts daid they;have? Were theré aﬁy

-

" left ayer? If so, how many?

17. Mr. Janes sold 32 televisign sets fgr $11,Q%p

of‘one set?

fiiaiixﬁnnﬁwaﬁtsx$o-makéw«LvagurtainsjwwSheinéédé;—°’
of materlial for each curtaln. How maﬂy~yardé of '

material does she need? St

Y .

19. The Boy Scouls werc Laving a party. Thelr mqtners
baked 134 cupcakes ror Lhe party. If each Qf*fha 67. o
boys had the same nuwuber of uquakEE,,h@W maﬁy_w¢uﬁ@

! t Rl

© ok,

B et T
each boy eat? ; SEEEEFE I

20. - Jean pécked 288  Lianges 1LLG Loxes. If eaéh box

holds 36 orangea, how wmeny buxes did ghea%ill? sl 'w
S . . . B

“




